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Abstract: This paper investigates the application of contusion stability yaw control of a lightweight
solar-electric vehicle. The vehicle’s customized design envelope makes it more sensitive to variations
in load due to its low weight and relatively large size. To address this issue, control strategies were
developed using differential motor torques to generate direct yaw moments using the vehicle’s rear
in-wheel motors. This paper introduces the working conditions of solar vehicles and demonstrates
the necessity of stability control. Vehicle parameters such as mass and center of gravity position are
obtained to apply control to the real vehicle. The paper then describes two stability control strategies,
using (i) sliding-mode control (SMC) and (ii) model predictive control (MPC). To account for the
road bank angle of the test area and the impact of additional weight from a driver and passenger, a
Kinematic-Based Observer is designed to estimate the vehicle’s side-slip based on measured values.
To collect real-time data, a dSPACE MicroAutobox was installed on the solar vehicle. The results show
the effect of the observer and controllers under different vehicle speeds and load conditions. Finally,
closed-loop simulation results are presented to support the findings from the open-loop testing.

Keywords: solar-electric vehicle; lightweight vehicle; handling and stability control; direct yaw
moment control

1. Introduction

The integration of solar power in electric vehicles is a compelling feature, as it uses
renewable energy in complement to energy sourced from the grid. Many of the recent de-
velopments in this type of technology trace back to the Bridgestone World Solar Challenge
(BWSC). The BWSC is a 3000 km international competition where solar-electric vehicles
drive from Darwin to Adelaide, Australia [1]. This paper investigates the Australian Tech-
nology Network (ATN) of Universities solar car, Priscilla, which competed in the 2019 race.
The ATN solar car competed in the cruiser class in this competition, which is for vehicles de-
signed for efficiency and practicality to be more acceptable for a consumer market. Because
these vehicles are designed for efficiency, they optimize the size to maximize the area for
solar panels [2,3]. In addition, they are also optimized to be lightweight to reduce energy
consumption during driving [4]. The focus on both efficiency and practicality presents
unique challenges in vehicle stability, safety, and handling due to the vehicle’s streamlined
design and low weight. Two rear-wheel in-wheel motors are adopted to reduce the energy
loss caused by standard drivelines. The use of multiple motors provides the opportunity to
use torque vectoring for enhanced vehicle-stability control [5].

In traditional passenger vehicles, dynamic control problems have been thoroughly
investigated in the past and are often standard in most modern road vehicles. However,
the dynamic control challenges in solar vehicles, like those competing in the BWSC, require
custom solutions due to their unique design and operational constraints. Braking-based
technologies such as electronic stability control (ESC) [6,7] have been widely used for
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vehicle dynamics control to improve safety and stability. In [8], a control strategy for
rollover prevention is designed, which considers the impact of delay in the ESC brak-
ing system. In [9], a model predictive controller is designed to improve vehicle stability,
which adopts the LuGre tire model to describe the tire–road contacting force. The use of
braking force in combination with active steering and active suspension is investigated
in [10] to achieve a multi-objective control including stability, handling, and driving com-
fort. In [11], stability control under the extreme condition of a tire blow-out is researched
via the use of differential braking and active steering to maintain the vehicle path fol-
lowing performance. At the same time, it is worth noting that braking-based controls
have the drawback of degrading the vehicle’s dynamic performance and reducing speed,
which is linked to increased energy consumption if acceleration is required after, e.g., a
curve. Brake heat fade also affects the reliability and sustainability of braking-based control
methods [12,13].

Independent wheel-driven vehicles propose the option of controlling the vehicle
through torque vectoring control, which generates a desired yaw moment by manipulating
the driving torque on the left and right-hand-side wheels [5,14,15]. The advantage of
torque vectoring is that while the yaw moment adjusts the vehicle yaw rate to control
vehicle maneuver, the vehicle driving force and dynamic performance can be maintained.
Numerous research investigations have been conducted to exploit torque vectoring control
to improve vehicle stability, safety, and trajectory following performance. For example,
in [16], a robust gain-scheduled output feedback controller is designed for an in-wheel-
driven electric vehicle that uses torque vectoring of four wheels to maintain the vehicle sta-
bility. The work presented by [17] further exploits the advantage of four-wheel independent
driving to control the vehicle slip, stability, and handling and prevent rollover. The multi-
objective problem is solved by model predictive control, which is based on torque vectoring.
Ref. [18] combines the active front steering and torque vectoring control to improve the ve-
hicle’s yaw stability. The control strategy is verified in both high and low-friction-coefficient
road surfaces; thus, it is also promising for icy and snowy roads. In [19], the control strategy
integrates steer-by-wire and torque vectoring technology to improve the vehicle stability,
more specifically under the condition that the steer-by-wire system fails. Thus, vehicle
safety is also guaranteed. In [20], a changing control gain was used to adjust for variations
in the side-slip angles of the front and rear tires. The proposed approach performs better
than the traditional method with erroneous tire side-slip angle feedback, according to
comparative simulation findings.

In [21], relatively light incremental loads caused the load-to-curb weight ratio to
over-proportionally rise as a vehicle’s curb weight decreased. This resulted in changes in
the vehicle’s inertial measurements, such as the center of gravity and properties related
to the vehicle’s dynamics. The unique and highly customized ultra-lightweight vehicle
in this paper is more susceptible to such variation in comparison to current commercial
passenger vehicles, which is discussed in detail in [22]. The paper discusses how additional
load displays drift in comparison to an empty vehicle in relation to the reference model.
While most of the torque vectoring-based vehicle-stability control strategies focus on
traditional passenger vehicles, the stability control of lightweight solar-electric vehicles is
still insufficient. Although research has been made into lightweight vehicles, it normally
focuses on small-sized vehicles, whereas in this study, the vehicle has a track and length
similar to a common passenger vehicle.

Due to its low weight, the solar vehicle in this study is sensitive to additional loads or
changes in load conditions. For example, minor movements, such as the driver shifting
in their seat during real-life testing, cause reactions in the sensor systems. This sort of
sensitivity supports the critical nature of investigating the engineering application to the
actual vehicle shown in this paper. The investigation of the design envelope of the solar
vehicle in this paper can contribute to the development of emerging lightweight vehicle
technologies. In addition, the study provides an understanding of these vehicles’ dynamic
responses to load conditions, which can provide foundational insight to improve safety
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within solar vehicle racing while also supporting new teams to keep innovating with their
vehicle designs.

Previous literature is mainly focused on simulation studies, whereas the contribution
in this paper provides real-life data that supports findings for previously simulated data
in [22].

This paper systematically presents the ATN solar cars’ dynamic characteristics, open-
loop torque vectoring control in real-life testing, and closed-loop control in simulation. Due
to logistical limitations caused by the COVID-19 lockdowns, the test area was compromised,
and as such, the tire characteristics had to be estimated from published work. Additional
effort was made to design an observer to accommodate for road bank angles.

2. Vehicle Specification: ATN Solar Car

The ATN solar car, as shown in Figure 1, can reach a speed of 130 km/h and has a
driving range of 1200 km without external charge. The car competed in the cruiser class,
which requires the vehicle to have enough room for a driver and at least one passenger. The
primary concept of the cruiser class is to recognize sustainable transportation alternatives
and encourage a design that is both practical and acceptable to consumers.

Figure 1. Measurement setup to determine the center of gravity.

As such, the ATN solar car is a lightweight two-seated solar-electric vehicle driven
via two electric in-wheel motors located in the vehicle’s two rear wheels. The car has been
designed for practicality and efficiency, which has produced a unique test bed for research
into dynamic handling. In previous research [22], the influence of load variation was
studied due to the car’s unique features.

2.1. Vehicle Parameter Identification

Due to the unique design process of the solar car, its parameters are not easily corre-
lated with the intended design. With corner scales, it was possible to measure the individual
tire weights and estimate the vehicle’s center of gravity. Attempts were made to estimate
the height of the center of gravity; however, due to the solar car’s custom design and
with the in-wheel motors occupying the rear wheels, no hook point is available without
potentially damaging the vehicle. In real-life testing, these values are not necessarily crucial,
as the control considers only the lateral and longitudinal plane; however, for an accurate
model in simulation, the accuracy of the vertical component must be considered to create a
digital twin of the real vehicle.
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Cornering Stiffness

Steady-state cornering is studied by driving the vehicle following a circular path with a
constant radius on a flat surface. By changing the longitudinal velocity, the change in lateral
acceleration, yaw rate, and the side-slip angle can be studied. In a steady-state maneuver,
the yaw velocity is constant for a given longitudinal velocity, and as such, the cornering
stiffness can be estimated from the slope of the lateral force versus the side-slip. However,
the lack of space and resources made this impractical. As such, the cornering stiffness has
been estimated by tuning its values during the post-processing of the experimental data
and comparing them to figures found in the literature.

The solar car is equipped with radial tubeless Bridgestone Ecopia Ologic tires, which
are custom-made for solar racing. With a diameter of 55.7 mm and width of 98 mm, these
tires are closer in resemblance to motorcycle tires in terms of sizing. In [23], the experimental
results for a motorcycle tire with a vertical load of 1400 N have a cornering stiffness of
410 N/deg. From the measurements recorded during the weighing of the car, it is possible
to approximate the cornering stiffness.

In addition, when the vehicle drives in a steady state, the data collected from driving
should correlate closely with the bicycle model. This would mean that the collected yaw
rate data should be close to the desired yaw rate during lower velocities since the vehicle is
within its linear region.

By adjusting the cornering stiffness in increments, it was found that C f = 380 N/deg
and Cr = 390 N/deg correlates with research data presented in [23] and in approximation
to the vertical load in Table 1, as well as monitoring the behavior of the desired yaw rate in
Figure 2. The inability to maintain constant velocity during the maneuvering and the road
bank angle makes an exact match difficult to achieve. For future work, it is recommended
to estimate the tire cornering stiffness using the more conventional method of steady-state
circular trajectory.

Table 1. ATN Solar car axial load at the wheels.

Location
Front Rear

Right Left Right Left

Weight (N) 1098 1001 1177 961

Figure 2. Steering angle and velocity, comparison of desired yaw rate and measured yaw rate for
cornering stiffness estimation.

3. Control Design
3.1. Reference Model

In this paper, the bicycle model is adopted. This type of model is commonly adopted
as a reference model in the literature from control design [24–30]. As per Figure 3, this
is a linearized 2-DOF model of a vehicle that works under the following assumptions:
(i) neglects the lift, rolling, and pitching motions; (ii) it is a rigid body moving along a flat



Vehicles 2024, 6 878

surface; (iii) the tires forces operating within the linear region; (iv) mass is concentrated
at the center of gravity; and (v) the vehicle’s wheels have been lumped into a single track
along the center-line of the vehicle [24,31,32].

Figure 3. Free-body diagram of the bicycle reference model.

Under the assumption of small tire-slip angles, the linear model can be expressed as:

m(v̇y + vxr) =
(l f C f − lrCr)r

vx
− (C f + Cr)β + C f δ (1)

Iz ṙ =
(l2

f C f − l2
r Cr)r

vx
− (l f C f + lrCr)β + l f C f δ. (2)

where C f is the front tire cornering stiffness, Cr is the rear tire cornering stiffness, β refers to
the vehicle side-slip angle, and δ f is the front wheel steering angle, β is the vehicle side-slip
angle, r is the vehicle yaw angle, l f is the length between the center of gravity and the front
wheel, lr is the length between the center of gravity and the rear wheel, m is the vehicle
mass and Iz is the vehicle yaw inertia.

To maintain the lateral stability of the vehicle, the vehicle’s steering behavior is lever-
aged to determine the desired side-slip angle βd and desired yaw rate rd. Steady-state
handling, also known as steady-state cornering, is defined as a circular trajectory with a
constant radius maintained during constant velocity and steering angle [33]. From the
steady-state handling of the reference model (1) and (2), and with limitation of the tire
friction (µ), the desired yaw rate can be expressed as in [26] as:

rd =


rt, |rd| <

0.85µg
vx

0.85µg
vx

sign(rt), |rd| ⩾
0.85µg

vx

(3)

where rt is expressed using the under-steering gradient Ks as:

rt =
vxδ

l(1 + Ksv2
x)

(4)

and the under-steering gradient is expressed as:

Ks =
m(lrCr − l f C f )

2l2C f Cr
(5)
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In theory, a vehicle can experience a lateral acceleration of gravity times maximum
friction at the tires. If the friction coefficient is equal to one, the lateral acceleration could be
9.81 m/s2 with a side-slip angle of zero. The reference value for side-slip can be considered
similar to the yaw rate to be limited by the availability of friction as presented in [26].
However, because the solar car is designed for straight running conditions and tests are
performed at relatively low speeds, it was chosen to consider the desired side-slip as:

βd = 0 (6)

3.2. System Model

To design the system model for the yaw controller, the reference model is used by
implementing the corrective yaw moment Mz and considering four wheels, then (2) can be
expressed as:

Iz ṙ =
2r(l2

f C f − l2
r Cr)

vx
− 2β(l f C f + lrCr) + 2l f C f δ + Mz. (7)

Based on this, in order to derive a continuous-time dynamic state–space system model
for the reference model, we can define the system state and control input as:

x(t) =
[

β(t)
r(t)

]
, u(t) = Mz(t), (8)

which leads to the following expression:

ẋ(t) = Acx(t) + Bcu(t) + d(t), (9)

where

Ac =

 − 2(C f +Cr)

mvx
− 2(l f C f −lrCr)

mv2
x

− 1

− 2(l f C f −lrCr)

lz
−

2(l2
f C f −l2

r Cr)

lzvx

, Bc =

[
0
1

]
(10)

It is important to emphasize that, from a control viewpoint, d(t) is a known input
disturbance vector for (9), which is represented by:

d(t) = Ecδ f (t) (11)

where

Ec =


2C f
mvx

2l f C f
lz

. (12)

Now, considering a forward Euler approximation, the following discrete-time dynamic
model can be derived:

x(k + 1) = Ax(k) + Bu(k) + d(k) (13)

where
A = I + ts Ac, B = tsFBc, (14)

in which ts is the sampling time.

3.3. Sliding-Mode Control Strategy Design

In a sliding-mode control formulation, a sliding surface (s) is first defined. In this case,
it is chosen as follows:

s = e1 + λe2 (15)

where e1 is the yaw rate tracking error and e2 is the side-slip angle tracking error. Moreover,
λ is a positive real constant, i.e., λ > 0.
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From the desired yaw rate and side-slip angle, the tracking error of the yaw rate is
expressed as:

e1 = r − rd (16)

Since βd = 0, the tracking error for the side-slip angle is simply:

e2 = β (17)

This leads to the following sliding surface for the yaw rate control:

s = r − rd + λβ (18)

Now, a suitable candidate Lyapunov function for this problem can be the following standard
quadratic function:

V =
1
2

s2 (19)

It is important to emphasize that whenever the tracking errors, e1 and e2, are not zero,
V in (19) will take a value larger than zero, i.e., V > 0 for all e1, e2 ̸= 0. Moreover, V = 0
only if e1 = e2 = 0. Consequently, leading the tracking errors to zero is equivalent to
leading the Lyapunov function to zero, i.e., if V → 0, then e1 → 0 and e2 → 0. This can be
achieved by forcing the derivative of the Lyapunov function to be negative whenever the
tracking errors are not zero, i.e., V̇ < 0 for all e1, e2 ̸= 0.

Based on the above discussion, it is convenient to introduce the Lyapunov function
derivative, which is expressed as follows:

V̇ = sṡ (20)

Now, it is proposed to choose the surface derivative as follows:

ṡ = ė1 − λė2 = ṙ − ṙd + λβ̇ = −K̂sign(s) (21)

where K̂ > 0 is the controller gain. This leads to:

V̇ = sṡ = s · (−K̂sign(s)) = −K̂ · s · sign(s) (22)

Then, since s · sign(s) = |s|, it follows that:

V̇ = sṡ = −K̂|s| (23)

which clearly ensures the convergence of the Lyapunov function to zero. This is formally
known as the Lyapunov stability criteria for a sliding-mode controller.

Finally, to satisfy the Lyapunov stability criteria, the control input needs to be selected
to satisfy (21). To ensure this, even in the presence of uncertainties, it is possible to express

β̇ = f1 + ∆ f1 (24)

and
ṙ = f2 + ∆ f2 + MZu(t) (25)

in which ∆ f1 and ∆ f2 represent uncertainty. While f1 and f2 are the corresponding rows
from the state–space Equations (9) and (10), which is:

f1 = −
C f + Cr

mvx
β −

l f C f − lrCR

mv2
x

− 1 −
C f

mvx
δ f (26)

f2 = −
l f C f − l2

r Cr

Izvx
β −

(
−

l2
f C f + l2

r Cr

Izvx
r

)
−

l f C f

Iz
δ f (27)
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Substituting f1 and f2 into the sliding surface derivative as follows:

f2 + ∆ f2 + U(t)− ṙd + λ( f1 + ∆ f1) = −K̂sign(s) (28)

Rearranging (28), the control input can be expressed as:

U(t) = +ṙd − f2 − ∆ f2 − λ( f1 + ∆ f1)− K̂sign(s) (29)

In [22], the uncertainties ∆ f1 ≥ 0 and ∆ f2 ≥ 0 were considered to be the maximum
change in mass and inertia. A zero-uncertainty scenario was also considered to investigate
the difference in robustness. In this case, the control input can be simplified to:

U(t) = +ṙd − f2 − λ f1 − K̂sign(s) (30)

Afterward, the Lyapunov stability criteria are verified to consider these maximum uncer-
tainties. From (22), it follows that:

V̇ = s(ṙ − ṙd + λβ̇) = s(∆ f2 + λ∆ f1 − K̂sign(s)) (31)

If s < 0, it implies that sign(s) = −1. This leads to V̇ = s(∆ f2 + λ∆ f1 + K̂). Since
∆ f1, ∆ f2, K̂ ≥ 0, it implies that V̇ < 0. Conversely, for the case when s > 0, it implies that
sign(s) = 1. This leads to V̇ = s(∆ f2 + λ∆ f1 − K̂). Clearly, this imposes a lower positive
limit for K̂ given by K̂ > ∆ f2 + λ∆ f1 to ensure that V̇ < 0. Moreover, the bandwidth of
the controller is directly related to the gain K̂, which can be increased to achieve a faster
closed-loop dynamic. However, this cannot be increased indefinitely since it will translate
into a large control action, i.e., a large torque of the motors in this case. Therefore, the gain
K̂ can be practically tuned to satisfy the torque limitations of the motors while satisfying
the Lyapunov stability criteria.

3.4. Model Predictive Control Strategy Design

The control target is to track the system state references, x⋆ =
[
β⋆ r⋆

]T. To achieve
this, the MPC strategy is formulated considering the following quadratic cost function that
evaluates the tracking error over a finite prediction horizon N, i.e,

VN =
k+N−1

∑
ℓ=k

xT
e (ℓ+ 1)Qxe(ℓ+ 1) + σ∆u2(ℓ) (32)

where xe(k) = x(k)− x⋆ is the system state tracking error and ∆u(k) = u(k)− u(k − 1) is
the so-called control effort given by the rate change in the yaw moment. Moreover,

Q = diag(q1, q2) (33)

is the diagonal state weighting matrix, in which q1, q2 ≥ 0 are the individual weighting
factor associated with each system state. This allows one to give more or less importance to
the control of the yaw rate versus β. Finally, the scalar σ > 0 is the control weighting factor
that allows one to trade system state tracking errors versus a control input effort. In this
way, the MPC objective is to obtain an input control sequence

U(k) =
[
u(k) u(k + 1) · · · u(k + N − 1)

]T (34)

that minimizes the cost function (32) over a prediction horizon N. Importantly, to forecast
the future system behavior, the discrete-time system model (13) must be used, which
considers the known input disturbance d̄ = d(k) as persistent over the whole prediction
horizon. This will lead to the following future system state predictions:

X[1:N] =
[
xT(k + 1) · · · xT(k + N)

]T (35)
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Moreover, since the value that the yaw moment can adopt is physically limited by the
torque of the motors, it is necessary to constrain all system input along the whole prediction
horizon. Consequently, in a formal manner, the MPC strategy can be formulated as the
following optimal control problem:

Uopt(k) = arg min VN(x(k), U(k)) (36)

subject to: x(ℓ+ 1) = Ax(ℓ) + Bu(ℓ) + d̄ (37)

umin ≤ u(ℓ) ≤ umax, ∀ℓ ∈ {k, k + N − 1} (38)

The solution of the optimal control problem in (36) leads to the following optimal
input vector:

Uopt(k) =
[
uopt(k) uopt(k + 1) · · · uopt(k + N − 1)

]T. (39)

Finally, following the receding horizon policy, only the first element of the optimal
input vector, uopt(k), is applied to the system, discarding the remaining future optimal
inputs. This yields the following predictive closed-loop equation:

x(k + 1) = Ax(k) + Buopt(k) + d̄ (40)

Then, this procedure is repeated at each sampling instant using fresh measurements
of the system states, vehicle speed, and steering angle.

By iterating (13), the future predictive values for the state vector X[1:N] = [xT(1) · · ·
xT(N)]T, can be obtained by:

X[1:N] = Λx(0) + ΦU(k) + Γd̄ (41)

where

Λ =


A
A2

...
AN

, Φ =


B 0n×m · · · 0n×m 0n×m

AB B · · · 0n×m 0n×m
...

...
. . .

...
...

AN−1B AN−2B · · · AB B

,

Γ =


I

A + I
...

AN−1 + AN−2 · · · A + I


(42)

Compact form:

VN = XT
e,[1:N]QN Xe,[1:N] + σ(SU(k)− Gu(k − 1))T(SU(k)− Gu(k − 1)) (43)

where

QN = diag{Q, · · · , Q} (44)
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S =


1 0 0 · · · 0 0
−1 1 0 · · · 0 0
0 −1 1 · · · 0 0
...

. . .
0 0 0 · · · −1 1

, G =


1
0
0
...
0

 (45)

XT
e,[1:N]QN Xe,[1:N]

=
(

Λx(0) + Γd̄ − X⋆
[1:N] + ΦU(k)

)T
QN

(
Λx(0) + Γd̄ − X⋆

[1:N] + ΦU(k)
)

=
(

Λx(0) + Γd̄ − X⋆
[1:N]

)T
QN

(
Λx(0) + Γd̄ − X⋆

[1:N]

)
+ 2
(

Λx(0) + Γd̄ − X⋆
[1:N]

)T
QNΦU(k)

+ UT(k)ΦTQNΦU(k)

(46)

and

σ(SU(k)− Gu(k − 1))T(SU(k)− Gu(k − 1))

= σu2(k − 1)− 2σu(k − 1)GTU(k) + σUT(k)STSU(k)
(47)

Then, it follows that:

VN(x(k), U(k)) = ν + U(k)THU(k) + 2 f T(k)U(k) (48)

where

H = ΦTQNΦ + σSTS (49)

and

f (k) = ΦTQN

(
Λx(k) + Γd̄ − X⋆

[1:N]

)
− σGu(k − 1) (50)

Note that the term

ν =
(

Λx(k) + Γd̄ − X⋆
[1:N]

)T
QN

(
Λx(k) + Γd̄ − X⋆

[1:N]

)
+ σu2(k − 1)

does not depend on the input vector U(k). Therefore, it does not participate in the
optimization.

Finally, the original optimal control problem in (36) can be transformed into the
following equivalent optimal problem:

Uopt(k) = arg min
U(k)

UT(k)HU(k) + 2 f T(k)U(k) (51a)

subject to: umin IN ≤U(k) ≤ umax IN (51b)

where IN stands for an N × N identity matrix.
This optimization is a convex optimal problem due to the quadratic cost function and

linear constraints. Therefore, standard Quadratic Programming (QP) algorithms can be
used to obtain Uopt(k).
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3.5. Torque Allocation

The control input applies the assistive yaw moment, denoted as Mzc, to the system.
This is carried out by adjusting the torque of the individual motors. The relationship
between the yaw moment and torque can be expressed in relation to the tire forces as:

Mzc = (Fx3 − Fx4)
tr

2
= ∆F

tr

2
=

∆Ttr

2rw
=

2Ttr

2rw
=

Ttr

rw
(52)

Rearranging (52), then the total torque input from the controls can be described as:

T =
Mzcrw

tr
. (53)

When distributed to the rear wheels:

T3 =
Tdriver

2
+ T (54)

T4 =
Tdriver

2
− T. (55)

4. Vehicle Side-Slip Estimation

In simulation environments, finding the vehicle side-slip is simple; however, it can
be difficult to measure in real life. There are two primary methods for side-slip estimation
known as Model-Based Observers and Kinematic Observers [34]. The Model-Based Ob-
server commonly relies on the liner bicycle model and, as such, the tire cornering stiffness,
which is known to influence the accuracy. The Kinematic-Based Observers are independent
from tire–road parameters, as they rely on the correlation of the vehicles measured yaw
rate, lateral and longitudinal velocity, and the longitudinal and lateral acceleration [34–36].
Due to the knowledge that the custom solar car tires in this research have limited tire data,
the Kinematic-Based Observer would be more suitable.

In [22,25,37], dynamic curvature was introduced as a control variable, which has the
potential to remove the use of complicated estimators during real-life testing. From the
steady-state of the reference model, the curvature of a vehicle’s driving path for neutral
steer can be described as:

1
R

=
δ

L + mv2
x(

lrCr−l f C f
2C f Cr L )

(56)

where R is the radius of the vehicle’s cornering path.
The drawbacks, as described by [25], are the potential error due to the curvature being

derived from the steady-state model as well as the cornering stiffness of the tires having
been linearized and approximated. As per [37], the dynamic curvature variable denoted as
k can be expressed as:

k =
β̇ + r

vx
(57)

The use of k(t) allows for the use of the instantaneous curvature at any time during
maneuvering. The lateral acceleration (ay) can be obtained from the inertia measurement
unit (IMU) and is mathematically expressed as:

ay = (β̇ + r)vx (58)

By expressing (57) in relation to (58), a relationship between obtainable data and
side-slip can be made as:
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k =
β̇ + r

vx
=

ay

v2
x

(59)

Rearrange

β̇ =
ay

vx
− r (60a)

then side-slip can then be expressed as:

β =
∫ ( ay

vx
− r
)

dt (60b)

Lateral Acceleration Compensation

Lateral and longitudinal acceleration experience bias when road bank and chassis
angles are present [38]. The measured acceleration, aym, requires gravity compensation
for a correct estimation of the side-slip as mentioned in [39,40], which can be achieved
as follows:

ay = aym − g sin(ϕ + χ) (61)

whereas χ is the road bank angle. Thus, (ϕ + χ) represents the vehicle roll angle in relation
to the global coordinate field. Correspondingly, the measured roll angle, which can be
measured via an IMU, can be described as ϕm = (ϕ ± χ), which accommodates for positive
and negative bank angle depending on which direction the vehicle is facing in relation to
the IMU coordinate field. As per [39], (61) can now be written as:

ay = aym − g sin(ϕm) (62)

As such, the side-slip with gravity compensation can, in its full expansion, be ex-
pressed as:

β =
∫ ( aym − g sin(ϕm)

vx
− r
)

dt (63)

The integral is sensitive to sensor offsets and noise, which can result in large cumulative
errors. To remove noise between the maneuvers and to overcome the issue of division by
small numbers, which causes exponential peaks, the control has a velocity initiation at 2
m/s. This control initiation velocity is low enough for the vehicle to be considered within
its stability region and, as such, does not impose any safety concerns.

5. Data Acquisition and Control Unit Integration

The existing vehicle control originally consisted of a MoTeC C187 dash and two Tritium
WaveSculptor 22 Motor Inverters. These can process simple driver commands; however,
the setup is not capable of any advanced control mathematics. As such, the control strategy
is implemented by connecting a dSPACE MicroAutoBox II to the existing CAN (Figure 4).

To verify control and ensure the safety of the vehicle and its occupants, the Simulink®

control model is implemented to the vehicle via the dSPACE MicroAutoBox. This step
allows for the evaluation of the control and parameter estimation and tuning.

The dSPACE MicroAutoBox II (Version 1401/1511, Germany) allows for data collec-
tion, enabling, disabling, and control selection in real time via the associated dSPACE
control desk software.The software has real-time monitoring ability, which permits quick
evaluation of data during testing that assists in tuning sensors and parameter estimations.

As this test was performed during the COVID-19 lockdown, the experiment was faced
with unprecedented circumstances which limited the availability of resources and the test
area. To eliminate bias during testing, precautions were taken to avoid errors, such as
the inclusion of lateral acceleration compensation and the initiation velocity as 2 m/s of
the control, as mentioned in the previous section. Due to the vehicle’s heavy steering,
the mounting bracket experienced a low level of flex, which was not discovered until
the data were processed. As such, a manual offset value was introduced to the steering
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angle reading to reduce error in the control, which is due to the dynamic input to the
desired model.

Figure 4. CAN communication layout of the solar car.

6. Results

This paper considers a low-speed (longitudinal velocity < 5 m/s) slalom maneuver
as the baseline. By examining at a lower velocity, the vehicle is within its stability region,
which allows for the estimation of the tire cornering stiffness, as detailed in the previous
section. The baseline test is then compared to the results of the vehicle driven with a
higher velocity and then compared to the results of the vehicle with a passenger introduced.
Furthermore, the baseline is ultimately compared to a simulation.

6.1. Baseline Slalom Maneuver with Low Velocity < 5 m/s

The longitudinal velocity in Figure 5a indicates that the control is enabled at ap-
proximately 15.5 s, whereas the steering angle in Figure 5b indicates that the maneuver
commences at 16 s. The steering angle offset was compensated for at the beginning of the
maneuver. However, there is still a small offset present upon termination of the maneuver.
These offsets are due to the bracket plasticity of the steering angle sensor, as mentioned in
an earlier section.

The estimated side-slip in Figure 5c indicates the largest peak occurs just after
20 s, which correlates with the steering action in Figure 5b. The side-slip angle is sig-
nificantly larger than expected and does not flutter around zero. This indicates that both
error and drift have been introduced to the estimation due to an accumulative effect of
such error. Examining Figure 5c, it can be found that the side-slip as the control action is
disabled at the time instance 33 s, is about −0.3 radians, which is a relatively large offset as
the true value should be going towards zero at lower velocities.

Since the side-slip is estimated based on the lateral acceleration, the longitudinal
velocity, and the yaw rate, there are three sources of error. The yaw rate is of little concern
as the yaw rate is not heavily impacted by the road bank angle, as well as the raw data
in Figure 5d correlating well with the steering action at a reasonable magnitude. The two
main concerns of error are due to (i) non-constant velocity as per Figure 5a and (ii) offset
error in the lateral acceleration due to the road bank angle.

Figure 5d shows the raw yaw rate data recording in comparison to the desired yaw
rate, filtered and unfiltered. In this baseline vehicle, it is expected that the desired yaw rate
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should be a close match to the vehicle’s yaw rate. Since the desired model is derived from
the linear bicycle model, which considers a constant velocity on a flat surface, a certain
degree of error is to be expected due to the test area. This is also expected during the time
range of 16–22.5 s, as the vehicle is undergoing relatively large acceleration compared to the
remainder of the maneuver. The undesired offset in the steering angle sensor is expected to
introduce a slight error, particularly in the beginning and towards the end of the maneuver.
This produces a small step error at the end of the maneuver as the desired yaw returns
to zero while the vehicle velocity is below 2 m/s. In terms of the desired yaw rate, the
magnitude is small enough to be neglected since the raw yaw rate is a close match as per
Figure 5d.

The controller peaks correlate with the peaks of steering angle in Figure 5b and the
desired yaw rate in Figure 5d, during the time range 18–22 s and 28–32 s. In Figure 5e,
the assistive yaw moment is displayed, which indicates that the MPC produces a slightly
larger moment than the SMC. This is directly reflected in the torque in Figure 5f, where
the MPC produces a slightly larger torque. In general, the MPC is requesting a larger
effort to reach the reference yaw rate compared to the SMC. The more apparent deviation
between the MPC and SMC is at the end of the maneuver. The MPC produces a relatively
smooth transition, which is desired, while the SMC abruptly cuts off at approximately 1
Nm. The steering offset has previously been found to produce these types of cut-offs in the
desired yaw rate. However, since the steering angle is also an input to the system matrix,
this would reflect the controller’s behavior. Overall, there is a fine difference between the
two control methods; however, the MPC’s ability to handle the sensor errors and offsets is
an advantage.

These results do not necessarily reflect the correct action of either of the controllers
under study because it is performed in an open loop since the control action is not applied
to the system. Nonetheless, the comparison of the controllers’ effort when unchanged
real-time data are processed, and estimation error is present makes it possible to evaluate if
the control action is appropriate and safe to be enabled in future works. The evaluation
of this baseline vehicle setup indicates that since the torque is relatively low and evenly
distributed, it should be considered safe enough for closed-loop testing even if estimation
error for side-slip and sensor error is present. It is, however, desired that the side-slip
estimation and sensor errors are rectified and evaluated prior to closed-loop testing for more
accurate representation.

6.2. Slalom Maneuver with Velocity > 5 m/s

The baseline test in Section 6.1 considered a longitudinal velocity < 5 m/s while
performing a slalom maneuver, with all four tires of an equal tire pressure of 65 PSI. In
this section, the test is repeated with a higher velocity to examine if there are deviations
between the raw yaw rate and the desired yaw rate.

The longitudinal velocity in Figure 6a indicates that the control strategy is enabled
approximately at the instant 70 s, and the steering angle in Figure 6b indicates that the
maneuver commences closely thereafter. The first steering action is performed at a velocity
of 4 m/s and steering angle of 0.65 rad, which is within the range of velocity and steering
angle for the baseline vehicle in Figure 5. The steering angle offset has been accommodated
for at the beginning of the maneuver. However, there appears to be a small offset present
upon termination, which is of similar magnitude to the baseline test.

Although the velocity is not constant for the baseline vehicle in Figure 5a, there is
a close-to-constant velocity during the maneuvers starting from the instant 22.5 s. The
increased velocity in Figure 6a experiences less even continuity during the maneuvers,
which may be a reason the side-slip drift in Figure 6c is more conspicuous. Although the
velocity is one culprit, it cannot be excluded that the increased drift is not due to lateral
acceleration offsets or change in location center of gravity due to the vehicle’s low weight.
This can be caused by the driver shifting in the seat.
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Figure 5. Baseline vehicle displaying (a) longitudinal velocity, (b) steering angle, (c) side-slip,
(d) measured yaw rate versus desired yaw rate, (e) corrective yaw moment Mz, (f) assistive torque.

Evidently, there is a larger deviation between the desired yaw rate and measured yaw
rate when the velocity is increased as per Figure 6d when compared to the baseline vehicle
in Figure 5d. This implies that due to the increased velocity, the vehicle is deviating from
steady-state handling for the current velocity, which is likely due to the tires reaching their
linear limit. In Figure 6a, at the time instance 70–75 s, the vehicle is undergoing relatively
large acceleration, from 2 m/s to 6 m/s. At the same time, the driver is performing the large
steering actions per Figure 6b. As a result, the desired yaw rate in Figure 6d at this time is
relatively large in comparison to the remainder of the maneuver. However, there is a closer
match between the desired yaw rate and the measured one, indicating that the vehicle is
within its linear region. Comparing the desired yaw rate in Figure 6d with the baseline
in Figure 5d, it is evident that the desired yaw rate is lower even though the velocity is
higher. This is due to the smaller steering action in Figure 6b in comparison to Figure 5b,
which indicates that the steering angle affects the desired yaw rate more than the velocity.
In terms of the raw yaw rate, the higher velocity produces a higher yaw rate even though
the steering action is less evasive. The offset in the steering angle in Figure 6d produces a
stable offset towards the end of the maneuver until the vehicle reaches the control cut-off
at 2 m/s.
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In terms of the assistive yaw moment and torque in Figure 6e,f, the peaks correlate
well with the steering angle and, consequently, desired yaw rate peaks. Due to the smaller
steering angles, the torque output does not reach the same magnitude as the baseline
vehicle in Figure 5e,f, even if a more significant drift of side-slip is present for this test. This
indicates that the side-slip drift does not vastly impact the controller performance. Similar
to the baseline vehicle, however, the side-slip offset, in combination with the steering angle
offset, is the cause of the controller peaking at the end. Once again, there is just a fine
difference between the two control methods. However, the MPC’s ability to handle side-slip
errors is favorable.

Figure 6. Velocity >5m/s displaying (a) longitudinal velocity, (b) steering angle, (c) side-slip, (d) mea-
sured yaw rate versus desired yaw rate, (e) corrective yaw moment Mz, (f) assistive torque.

6.3. Slalom Maneuver with Passenger

The baseline vehicle in Section 6.1 included only the driver while performing a slalom
maneuver. In this section, the test is repeated with a driver and passenger.

The longitudinal velocity in Figure 7a indicates that the control strategy is enabled
approximately at 11 s. The steering angle in Figure 7b indicates that the maneuver com-
mences closely thereafter. The first steering action is performed shortly thereafter at a range
that correlates better with the +5 m/s velocity test in Figure 6b closer than the steering
actions for the baseline vehicle test in Figure 5b.
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The velocity during the initial steer is above 4 m/s, which is larger than both the
previous tests and would be the cause of a larger initial peak in side-slip as per Figure 7c.
Similar to Figure 6c, there is a significant drift in side-slip compared to the baseline vehicle
in Figure 5c. Although the longitudinal velocity is changing at a similar rate in Figure 7a,
as in Figure 5a, and unlike Figure 6a, the likely drift error is due to the change in center of
gravity caused by the additional passenger.

It is clear that Figure 7d shows a deviation between the desired and measured yaw
rate, which is similar to when the velocity increased in Figure 6d. In this case, however, this
is partially due to the mismatch in the model since additional mass has been introduced
while the model uses its original parameters. This means that the desired model produces
the desired yaw rate for a vehicle with the same setup as the baseline vehicle. The increased
mass not only impacts the overall weight but also causes a location change in the center
of gravity and the tire properties. In previous work by the authors, a simulation study of
vehicle parameter sensitivity showed that the change in vehicle parameters causes a phase
shift in the yaw rate [22]. Looking closely at Figure 7d, there is a clear phase shift in raw
yaw rate, as the vehicle’s parameters have changed in comparison to the desired yaw rate,
which considers the original parameters.

Figure 7. Vehicle with passenger displaying (a) longitudinal velocity, (b) steering angle, (c) side-slip,
(d) measured yaw rate versus desired yaw rate, (e) corrective yaw moment Mz, (f) assistive torque.
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In terms of the assistive yaw moment and torque in Figure 7e,f, the peaks correlate
well with the steering angle and, consequently, the desired yaw rate peaks. Due to the
smaller steering angles, the torque output does not reach the same magnitude as the
baseline vehicle in Figure 5e,f, which is similar to Figure 6e even if a more significant drift
of side-slip is present. The more notable difference between the two previous tests is the
reduced error offset towards the end of the maneuver for the yaw moment in Figure 7e and
consequently the torque in Figure 7f. As previously noted, the MPC can handle the offset
errors better than the SMC. Although the SMC provides a smaller peaking assistive yaw
moment in Figure 7e compared to the baseline vehicle in Figure 5e, the MPC produces a far
better response.

6.4. Simulation Model Comparison

The simulation model used in this section is presented in [22]. The simulated re-
sponses in Figure 8 are compared with the baseline vehicle data, which is also presented
in Section 6.1. The simulation uses obtained steering angle data as per Figure 8b while
maintaining a constant velocity as per Figure 8a.

Figure 8. Comparison between baseline vehicle and simulation. Displaying (a) Longitudinal velocity,
(b) steering angle, (c) Side-slip angle, and (d) yaw rate.
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As previously mentioned, the side-slip angle for the real testing is significantly larger
than expected, which is supported by results in the simulation. When the vehicle is within
a controllable limit, the magnitude of the side-slip angle is, in general, remarkably less than
the yaw rate magnitude. Both simulated and real-time test side-slips were estimated using
the same method. Siemens Simcenter AmesimTM uses a super-component that allows for
ideal measurement of the side-slip. The simulated result was performed with both the
measured and estimated side-slip. Since both data were identical, the measured one was
excluded from the results in Figure 8b. This is an excellent example of how the observer is
affected by uncertainty caused by real-world testing and further highlights the need for
additional considerations in terms of testing and/or observer design.

The resulting simulated yaw rate is a very close match to the measured yaw rate,
unlike the larger mismatch during real testing. This highlights how real-time testing is
affected by non-ideal testing conditions and non-constant velocity, requesting a larger
desired yaw rate despite lower velocity.

7. Conclusions

This paper proposed two methods of direct yaw moment control—(i) Sliding-Mode
Control and (ii) Model Predictive Control—to improve the vehicle stability of a lightweight
solar car. The paper includes a detailed description of the vehicle specification and deter-
mination of its parameters. Using these and making reasonable assumptions, a detailed
development of a linearized, 2D model for the vehicle is described.

A baseline case—a low-speed slalom maneuver—was compared to the vehicle being
driven at higher velocity and with the introduction of a passenger. The vehicle was driven
on a test track with a road bank angle, and the control was investigated in an open-
loop setting with two test scenarios: (i) a slalom maneuver with velocity > 5 m/s, (ii) a
slalom maneuver with a passenger in addition to the driver. These tests demonstrated the
effectiveness of the control strategies during different operational settings.

The vehicle side-slip was estimated using the Kinematic-Based Observer, which was
adapted to account for the variation in lateral acceleration due to the bank angle. Although
the estimation showed discrepancies, the robustness of the control methods ensured that
there were no major disruptions in vehicle output, as verified through closed-loop simula-
tions. This indicates the potential to adopt these control methods for real-world application;
however, it is necessary to explore a more accurate observer and further validate the process
in a fully operational setting.

The novelty of this paper is the specific adoption and application of SMC and MPC to
the specific design envelope of the solar-electric vehicle to contribute to advancements in
solar racing vehicles.
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The following abbreviations are used in this manuscript:

ATN Australian Technology Network
DOF Degree of freedom
SMC Slide mode control
MPC Model predictive control
IMU inertia measurement unit
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